Let U be the unipotent radical of a Borel subgroup of G such that U D N. A character x -®vX^ °f U(AF) is called generic if, for every v, the restriction of Xv to every root space in U v generated by a simple root is nontrivial. The representation a v is then called x^-generic, if it can be realized on a space of functions W on G v satisfying
W(ug) = X v(u)W(g) (u eU v , g e G v ).
We shall say a is x-generic if each o v is x^-generic (cf.
[15], for example).
Finally, we say a is generic, if it is generic with respect to some xLet a be the unique reduced F-root of the split component A of the center of M in N and denote by pp half the sum of the F-roots generating N. Then a = (pp ) a)~1pp belongs to the complex dual of the real Lie algebra a of A. Let C be the field of complex numbers. We shall now identify C with a subspace of the complex dual of a by identifying s G C with sa. Then for each v, s becomes an element in the complex dual of the real Lie algebra a v of the split torus in the center of M as a group over F v .
From [16] 
<g) v A(s,a v ).
We use S to denote a finite set of places of F, including the archimedean ones, such that for v £ S, G,<r v , and Xv are all unramified (cf. [2] ).
Let L M be the L-group of M (cf. [2, 10] REMARK 1. When G = GL n+r , M = GL n x GL r , ra = 1, and Theorem 2 becomes Proposition 2.2 of [6] , whose proof is based on a classification theorem for generic representations of GL n which is a fairly deep result of Bernstein and Zelevinski [1, 17] (cf. [7] ), and certain properties of local Rankin-Selberg L-functions [7] . REMARK 2. The assumption that a is trivial on the center of M (when ra > 1) is made so that the necessary induction can be established in general (Lemma 1). However there are many cases with ra > 1 for which the assumption is not necessary. This is due to our better understanding of L < s(«s,n,a), i = 2,..., ra, in these special cases (cf. Corollary 2). REMARK 2. When G = GL n , the proof of Theorem 2 (see Lemma 3 below) applied to GL<2n with Levi factor M = GL n x GL n and representation o (g) o of M, will immediately imply that |/x(fcu)| < Qv • This is Corollary 2.5 of [7] .
COROLLARY 2. Let G be either GL(n), U(n,n), U(n + l,n), SP(2n) ; SO(ra, n), m = n, n+l, n+2, their groups of similitudes, their adjoint groups and those of split groups of types EQ and E? over a number field F. Let a = ® v a v be a \-generic cusp form on G = G(A^
SKETCH OF THE PROOF OF THEOREM 2. Under the assumptionm part (b), we may consider the L-functions as those for the adjoint group M of M. Let p: M -» M be the corresponding projection.
In the following lemma we shall assume that G has neither a factor of type 2 A2ki nor a factor of type F4, if the part of M in this factor is generated by {ai,«3,0:4} (ai and c*2 are long). In these two cases the necessary lemmas can be verified directly. REMARK. It is the subject of a forthcoming paper that for a large class of these partial L-functions, local factors at the ramified places can be defined in such a way that each resulting L-function extends to a meromorphic function of s with possibly only a finite number of poles in the entire complex plane. The factors at the archimedean places are the Artin factors defined by the Langlands' local class field theory at such places.
LEMMA 1. Fix i, 2 < i < m. There exist a quasi-split connected reductive F-group Gi, unramified outside S, a maximal F-parabolic subgroup with a Levi factor Mi C G; whose adjoint group M^ embeds into M by a F-rational map j : M^ -> M such that if r[,..., r' m . are the corresponding representations of
Up to a finite number of factors (which can be made nonzero), every nonconstant Fourier coefficient of the Eisenstein series (cf. [14, 15] A(s,a v ) , being a rational function of q~3, will then have infinitely many poles parallel to the imaginary axis. Consequently, M(s,a)f must also have infinitely many such poles. This is a contradiction to the finiteness of poles for M(s,a) when Re(s) > 0.
To prove Theorem 1, we need the following lemma. To conclude we shall now give a new proof of the following result (cf. [12] for the original proof; it is also due to Serre). It no longer requires the use of Rankin products; nor of Landau's Lemma. PROOF. We only need to apply Lemma 3 to a split group of type F4 (example 4.1.6 of [15]) with M generated by {ai, 0:2, «4} (OJI and OL<I are long), and (7 = II (g) 7T, where II is the Gelbart-Jacquet [4] lift of IT to PGL2(Air).
